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A B S T R A C T

Accurate degradation models are crucial to perform efficient battery design and management. The time and
resources required to improve the output accuracy of the models depends critically on the ability to assess the
sensitivity to the input factors governing the inherent dominant mechanism in the model. Here, we present a
sensitivity analysis of a pseudo-two-dimensional battery model coupled with a capacity fade model based on
solid-electrolyte interphase (SEI) formation and the corresponding irreversible charge loss for Li-ion batteries.
The proposed method is based on training an inexpensive differentiable surrogate Gaussian process regression
model on observed input–output pairs and analysing the surrogate model to learn about the global and local
sensitivities of the original system. With this method, the relevant global sensitive parameters can be identified,
and an in-depth analysis of electrochemical phenomena such as the correlation between the thickness of the
SEI and the irreversible charge loss can be explored. The proposed method will provide key insight into how
sensitivity analysis of the physics-based degradation model must be conducted for effective integration into
battery management systems.
1. Introduction

Li-ion batteries (LIBs) dominate the secondary electrochemical en-
ergy storage market for both mobile (electric vehicles) and stationary
(grid storage) applications. State of the art in battery research fo-
cuses on deducing parameters that are key to battery performance
and developing design principles accordingly [1–3]. The LIB perfor-
mance, durability and reliability depend on broad range of multi-scale
phenomena [4]. Design of better LIBs [5] thus require multi-scale
modelling methods [6,7] for optimal utilisation, degradation control
and safety. Multi-scale modelling relies on parameter passing between
scales [7]. Within the scale-bridging approach, for each scale-specific
physical model, identifying parameters to which the model is most
sensitive can make such an approach robust to input parameter noise
and make it uncertainty aware. On the other hand, at system level,
battery management systems (BMSs) are crucial for operational time
optimisation. To ensure accurate predictions and estimation of relevant
metrics, such as battery state of charge (SOC) and state of health (SOH),
coupled physics-based and degradation models need to be integrated
into BMSs. However, physics-based models contain several input pa-
rameters obtained from experiments and other simulations conducted
at a lower scale, with different degrees of sensitivity to the main output
parameters in the degradation model resulting in an uncertainty in the
overall predictions. These uncertainties can be reduced by performing
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sensitivity analysis (SA) to identify relevant input parameters and the
main sources of uncertainty.

SA in general studies how variation in the inputs of a given system
affects its outputs and can be done at different levels of complexity
and sampling cost ranging from inexpensive screening for irrelevant
inputs to detailed exploration of the effect of inputs along their entire
range of variation [8]. Local SA methods focus on how a single set of
input parameters affects the output, for example the partial derivative
of the model at a specific point can be estimated by slightly varying
the input and observing the output (aka. the one-at-a-time method),
while global SA methods aim to understand the behaviour of the overall
system, or at least within a some specified range of values for each input
parameter. A global SA can be achieved by fitting a surrogate model on
observed pairs of inputs and outputs and then analysing the surrogate
model in place of the original system, which is especially useful when
the surrogate model is cheaper to evaluate and easier to analyse than
the original system. An accurate surrogate model can subsequently be
used for detailed local SA in specific regions of input space and to
suggest new input parameters to evaluate.

In this work, we present a SA of a pseudo-two-dimensional (P2D)
battery model coupled with a capacity fade model based on the for-
mation of solid-electrolyte interphase (SEI) and the corresponding ir-
reversible charge loss (ICL) for LIBs. The aim is to apply SA using a
vailable online 2 November 2022
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Fig. 1. Overview of the data generation and sensitivity analysis procedure.

surrogate model to identify the globally most sensitive input parameters
causing SEI formation and related ICL and to explore local sensitivities
and interactions in critical parts of the input space (see Fig. 1). The re-
sults of the SA can guide further efforts to obtain high-fidelity estimates
of important input parameters to improve errors and ensure accurate
predictions.

Analysis of battery models is an area of interest in recent research.
Schmidt et al. [9] used a coupled Fisher-information matrix approach
and local SA method to identify the dependence of each selected
input parameter on the output parameter of a physics-based single
particle model (SPM). The local SA of the input parameters on the
terminal voltage of an equivalent circuit model (ECM) for LIBs was
conducted by Rahimi-Eichi et al. [10] to determine the importance of
updating each battery parameter in a state of charge (SOC) estima-
tion structure. However, because some of the parameters in SPM and
ECM are functions of the SOC, local SA is not suitable for evaluating
their robustness since this does not reflect how the system behaves
in other regions of input space where seemingly unimportant inputs
may have a large effect and vice versa. Global SA methods are suit-
able for ECM especially for the non-linear P2D models because global
SA repeatedly analyse local sensitivity multiple times with randomly
sampled linearisation points [11]. Zhang et al. [11] carried out a SA
on the terminal voltage and temperature of a cylindrical Li-ion battery
based on a thermally coupled multi-physics based model via step-wise
experiments where thirty input parameters were grouped according
to their maximum sensitivity. Similarly, Song et al. [12] conducted
a SA of parameters to the rate of heat generation in LIBs based on
a reduced-order electrochemical–thermal model where they observed
that parameters related to the positive electrode are more sensitive than
those related to the negative electrode based on the selected range of
input parameters. None of these works considered the sensitivity of the
various input parameters of the electrochemical model on the capacity
fading parameters such as the thickness of the SEI. Even though the
capacity loss due to the formation of the SEI is considered as the main
factor responsible for capacity fading in LIBs. Zhao and Howey [13]
investigated the global sensitivity of ECM model input parameters on
the output voltage of a battery using Morris screening methods [14]
where they found out that, the uncertainties of some of the parameters
do not generate significant uncertainty in the out voltage and therefore
could be taken as constants. However, they could not investigate the in-
teractions between the parameters due to the limitation of the approach
used. Lin et al. [15] performed a global SA of the cell discharge capacity
and temperature based on a 3D multi-physics model using the concept
of a polynomial chaos expansion (PCE) where they observed that, the
2

discharge capacity and the thermal behaviour of the cell are more
sensitive to the electrode parameters and their pore structure. However,
PCE suffers from the curse of dimensionality [16], that is the model
evaluations needed to develop the PCE model increases exponentially
with the number of model parameters.

Gaussian process (GP) regression [17] is a popular choice of sur-
rogate model in SA because it is highly flexible, provides uncertainty
estimates and can be applied even with small datasets while approxi-
mate, sparse implementations enable analysis of large datasets [18,19].
Automatic relevance determination (ARD) of GPs with isotropic kernels
has been a widely used method to evaluate feature importance, but
recent work has shown how ARD overestimates the importance of
features with nonlinear effects on the output, while SA based on deriva-
tives of the GP output with regards to the inputs has been shown to be
robust to a mix of linear, nonlinear and noise features [20]. Measuring
sensitivity by derivatives makes intuitive sense since if changing an
input parameter is expected to significantly change the output, it is
important to consider that input parameter carefully. SA methods based
on analysing derivatives of GP regression models have previously been
applied for analysing neuroimages [21] and global ocean chlorophyll
prediction [22] showing promising results.

In this paper we present a P2D-SEI model for the formation of the
SEI and prediction of the related ICL and apply global and local SA
using a surrogate GP regression model to identify interesting regions of
input space. The main contributions are:

• A P2D-SEI capacity fade model that simulates SEI formation and
related ICL together.

• Application of a scalable SA approach based on analysing the
derivatives of a surrogate GP regression model enabling global
and local analysis of sensitive input parameters.

• Software demonstrating an interactive, explorative SA of a sur-
rogate GP regression models for SEI thickness and ICL made
available online [23].

The rest of the paper is structured as follows. Section 2 presents the
computational methods used in the analysis including the P2D battery
degradation model and the SA method based on GP regression. The
experiment and results are presented and discussed in Section 3, and
we conclude with closing remarks in Section 4.

2. Methods

2.1. Modelling SEI formation

The model for the formation of the SEI used in this study is based on
the reduction of the solvent near the surface of the negative electrode
during charging. The electrolyte considered in the model is a mixture
of ethyl carbonate/ethyl methyl carbonate (EC/EMC) with LiPF6 salt.
Hence, we assumed that the primary product forming the SEI layer is
Li2CO3 [24] and it is formed according to the reaction:

S + 2Li+ + 2e−
𝑘
←←←←←←→ P , (1)

where S is the solvent species and P is the product of the reaction
between the solvent and the Li ions. The growth of the SEI layer is
assumed to be in one-dimension as illustrated in Fig. 2 and the film
growth is assumed to be controlled by the kinetics of the reaction
occurring at the interphase.

The rate of the electrochemical reaction at the negative electrode
is described as the sum of the rate of reaction for Li intercalation and
the rate of reaction for the formation of the SEI which is expressed in
terms of their current densities as:
𝐽 = 𝐽int + 𝐽𝑠 . (2)
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Fig. 2. Schematic diagram of SEI formation.

The current density due to the intercalation of Li ions across the
electrode/electrolyte interface, 𝐽int is described by the Butler Volmer
(BV) equation and is given by:

𝐽int = 𝑖0𝑎𝑝
(

exp
[

𝛼𝑎
𝐹
𝑅𝑇

(𝜂)
]

− exp
[

−𝛼𝑐
𝐹
𝑅𝑇

(𝜂)
])

, (3)

where 𝑖0 is the concentration dependent equilibrium exchange current
density at the interface and is given by:

𝑖0 = 𝑖0,ref

(

𝑐𝑠
𝑐𝑠,ref

)𝛼𝑐 ( 𝑐𝑠,max − 𝑐𝑠
𝑐𝑠,max − 𝑐𝑠,ref

)(

𝑐𝑒
𝑐𝑒,ref

)

, (4)

where 𝑐𝑠, 𝑐𝑠,max, and 𝑐𝑒 are the surface, maximum and electrolyte con-
centration respectively. The overpotential for the intercalation reaction
is given by:

𝜂 = 𝜙𝑠 − 𝜙𝑙 − 𝑈ref −
𝐽
𝑎𝑝

𝑅film , (5)

where 𝜙𝑠, 𝜙𝑙, and 𝑈ref are the potential in the solid and liquid phase,
respectively. 𝑅film is the resistance due to the formation of the SEI layer,
and 𝑈ref is the equilibrium potential of the negative electrode expressed
as a function of the state of charge (SOC), 𝜃.

The rate of the solvent reduction reaction in Eq. (1) was also
described by the BV equation and is given by:

𝐽𝑠 = 𝑖𝑜𝑠𝑎𝑝

(

( 𝑐𝑝
𝑐𝑝,ref

)

exp
[

𝛼𝑎
𝐹
𝑅𝑇

(𝜂𝑠)
]

−
(

𝑐𝑠
𝑐𝑠,ref

)(

𝑐Li+

𝑐Li+ ,ref

)2
exp

[

−𝛼𝑐
𝐹
𝑅𝑇

(𝜂𝑠)
]

)

. (6)

The side reduction reaction is assumed to be irreversible and hence
the BV equation is reduced to cathodic Tafel approximation, and the
rate of the reaction is given by:

𝐽𝑠 = −𝑖𝑜𝑠𝑎𝑝

(

𝑐𝑠
𝑐𝑠,ref

)(

𝑐Li+

𝑐Li+ ,ref

)2
exp

[

−𝛼𝑐
𝐹
𝑅𝑇

(𝜂𝑠)
]

. (7)

At low current rates, the variation in the concentration of Li ions
in the solution does not vary much. In addition, the concentration of
Li ions and solvent is in excess and hence not a limiting factor for the
side reaction. In view of the above assumptions, the cathodic Tafel rate
kinetics is modified to eliminate the concentration dependencies and
the final rate expression is expressed as:

𝐽𝑠 = −𝑖𝑜𝑠𝑎𝑝 exp
[

−𝛼𝑐
𝐹
𝑅𝑇

(𝜂𝑠)
]

. (8)

The overpotential for the side reaction, 𝜂𝑠 is expressed as:

𝜂𝑠 = 𝜙𝑠 − 𝜙𝑙 − 𝑈ref,𝑠 −
𝐽
𝑎𝑝

𝑅film . (9)

The film resistance, 𝑅film due to the formation of the SEI film is
expressed as:

𝑅film =
𝛿film
𝜎𝑝

, (10)

where 𝜎𝑝 is the conductivity of the SEI products and 𝛿film is the
thickness of the SEI film and is expressed as:
𝜕𝛿film = −

𝐽𝑠𝑀𝑝 , (11)
3

𝜕𝑡 𝑎𝑝𝜌𝑝𝐹
where 𝑀𝑝 and 𝜌𝑝 is the molecular weight and density of the product of
the side reaction, Li2CO3. The developed SEI model was incorporated
into the P2D model. An overview of the governing equations, boundary,
and initial conditions of the P2D model is presented in Table 1. The
model equations were solved in COMSOL Multiphysics 5.6.

2.2. Gaussian process regression

In the SA we consider a surrogate GP regression model trained on
observed inputs and outputs of the P2D-SEI model. Generally in a su-
pervised regression setting, we observe input–output pairs {(𝐱𝑛, 𝑦𝑛)}𝑁𝑛=1
with input vectors 𝐱𝑛 ∈ R𝐷 and real-valued output labels 𝑦𝑛 ∈ R. We
assume that 𝑦𝑛 = 𝑓 (𝐱𝑛) + 𝜖 for some unknown function 𝑓 with added
Gaussian noise 𝜖 ∼  (0, 𝜎2𝑦 ). A GP regression model defines a prior
distribution over such functions and is completely specified by its mean
function 𝑚 and covariance function (aka. kernel) 𝑘 [17]:

𝑓 (𝐱) ∼ 𝐺𝑃
(

𝑚(𝐱), 𝑘(𝐱, 𝐱′)
)

. (12)

The mean function represents an initial guess at the regression function
and the covariance function specifies the covariance between any two
points. Here we use a zero mean function 𝑚(𝐱) = 0 and the widely
used (scaled) squared exponential (SE) covariance function (aka. the
RBF kernel) for noisy observations:

𝑘SE(𝐱𝑝, 𝐱𝑞) = 𝜎2𝑓 exp
(

−1
2
(𝐱𝑝 − 𝐱𝑞)𝑇 diag(𝓁)−2(𝐱𝑝 − 𝐱𝑞)

)

+ 𝜎2𝑦𝛿𝑝𝑞 , (13)

where the hyper-parameters 𝜎2𝑓 controls the magnitude, 𝓁 ∈ R𝐷

represents the length-scales and controls the smoothness along each
input dimension, 𝜎2𝑦 is the noise variance and 𝛿𝑝𝑞 is defined as 1 if 𝑝 = 𝑞
and 0 otherwise.

The GP posterior mean 𝜇GP(𝐱𝑛) and variance 𝜎2GP(𝐱𝑛) can be inferred
by conditioning on observed data and the hyper-parameters can be
optimised with gradient-based methods [17]. For GP regression on
small to medium sized datasets, the posterior mean and variance can
be computed in closed form. However, for large datasets this is not
feasible due to the expensive matrix operations involved. Therefore, in
practice we use approximate sparse GP regression to be able to scale
the approach to larger datasets [18,19].

2.3. Sensitivity analysis with GP regression

In the SA of the surrogate model we want to measure the expected
change in the predicted output as a function of the input parameters. In
the context of the GP regression model, we are primarily interested in
measuring the sensitivity of the mean function 𝜇GP and secondly in the
variance function 𝜎GP. The (local) sensitivity of function 𝑔 with regards
to input parameter 𝑑 at a single query point �̃�𝑛 can be computed as the
squared derivative of 𝑔 with regards to input parameter 𝑑 [21,22]:

𝑠2𝑛,𝑑 (𝑔) =
(

𝜕𝑔(�̃�𝑛)
𝜕�̃�𝑛,𝑑

)2
. (14)

Notice that the query point does not have to be in the dataset but can
be anywhere in input space. The partial derivative in the expression
above can be computed analytically for GP regression with some covari-
ance functions, such as the SE covariance function, or with automatic
differentiation [27] allowing for more flexibility in defining the model.

To summarise the sensitivity across the input space, the global
sensitivity 𝑠2∗,𝑑 (𝑔) of function 𝑔 with regards to input parameter 𝑑 can be
computed empirically by averaging over a set of input samples [21,22]:

𝑠2∗,𝑑 (𝑔) =
1
𝑁

𝑁
∑

𝑛=1
𝑠2𝑛,𝑑 (𝑔) . (15)

To allow direct comparison of sensitivities of input parameters
with different scales, the input data should be normalised. For visual
presentation of sensitivities of different input parameters, for example
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Table 1
An overview of the P2D model equations, boundary and initial conditions [25,26].

Cell compartment Balance Governing equations Boundary or initial condition

Positive electrode Material, solid phase 𝜕𝑐𝑠,𝑝
𝜕𝑡

= 𝐷𝑠,𝑝
1
𝑟2

𝜕
𝜕𝑟

(

𝑟2 𝜕𝑐𝑠,𝑝
𝜕𝑟

)

𝑐𝑠,𝑝
|

|

|𝑡=0
= 𝑐𝑝,ini , −𝐷𝑠,𝑝

𝜕𝑐𝑠,𝑝
𝜕𝑟

|

|

|𝑟=0
= 0 , −𝐷𝑠,𝑝

𝜕𝑐𝑠,𝑝
𝜕𝑟

|

|

|𝑟=𝑅𝑝,
= 𝑗

Charge, solid phase 𝜎eff
𝑠,𝑝

𝜕𝜙1,𝑝

𝜕𝑥2
= 𝑎𝑠,𝑝𝐹𝑗 𝜎1,𝑝

|

|

|𝑥=𝐿𝑝
= 0 , −𝜎eff,𝑛

𝜕𝜙1,𝑝

𝜕𝑥
|

|

|𝑥=𝐿𝑠
= 0

Material, liquid phase 𝜀𝑒,𝑝
𝜕𝑐𝑒,𝑝
𝜕𝑡

= 𝜕
𝜕𝑥

(

𝐷eff,𝑝
𝜕𝑐𝑒,𝑝
𝜕𝑥

)

+
(

1 − 𝑡0+
)

𝑎𝑠,𝑝𝑗 𝑐𝑒
|

|

|𝑡=0
= 𝐜𝐞,𝟎 , −𝐷eff,𝑝

𝜕𝐜𝐞,𝐩
𝜕𝑥

|

|

|𝑥=𝐿𝑝
= 0 , −𝐷eff,𝑝

𝜕𝐜𝐞,𝐩
𝜕𝑥

|

|

|𝑥=𝐿𝑠
= −𝐷eff,𝑠

𝜕𝐜𝐞,𝐩
𝜕𝑥

|

|

|𝑥=(𝐿𝑝+𝐿𝑠 )

Charge, liquid phase − 𝜕
𝜕𝑥

(

𝜅eff,𝑝
𝜕𝜙2,𝑝

𝜕𝑥

)

+ 2𝑅𝑇 (1−𝑡0+ )
𝐹

𝜕
𝜕𝑥

(

𝜅eff,𝑝
𝜕 ln 𝑐
𝜕𝑥

)

= 𝑎𝑠,𝑝𝐹 −𝜅eff,𝑝
𝜕𝜙2,𝑝

𝜕𝑥
|

|

|𝑥=𝐿𝑝
= 0 , −𝜅eff,𝑝

𝜕𝜙2,𝑝

𝜕𝑥
|

|

|𝑥=𝐿𝑝
= −𝜅eff,𝑠

𝜕𝜙2,𝑠

𝜕𝑥
|

|

|𝑥=𝐿𝑝

Separator Material, liquid phase 𝜀 𝜕𝑐𝑒
𝜕𝑡

= 𝜕
𝜕𝑥

(

𝐷eff,𝑠
𝜕𝑐𝑒
𝜕𝑥

)

𝑐𝑒
|

|

|𝑡=0
= 𝑐𝑒,0 , −𝐷eff,𝑛

𝜕𝑐𝑒
𝜕𝑥

|

|

|𝑥=0
= −𝐷eff,𝑠

𝜕𝑐𝑒
𝜕𝑥

|

|

|𝑥=𝐿𝑝
, −𝐷eff,𝑠

𝜕𝑐𝑒
𝜕𝑥

|

|

|𝑥=(𝐿𝑠 )
= −𝐷eff,𝑝

𝜕𝑐𝑒
𝜕𝑥

|

|

|𝑥=(𝐿𝑝+𝐿𝑠 )

Charge, liquid phase −𝜅eff,𝑠
𝜕𝜙2,𝑠

𝜕𝑥
+ 2𝑅𝑡(1−𝑡0+ )

𝐹
𝜅eff,𝑠

𝜕 ln 𝑐𝑒
𝜕𝑥

= 0 −𝜅eff,𝑠
𝜕𝜙2,𝑠

𝜕𝑥
|

|

|𝑥=(𝐿𝑠+𝐿𝑝 )
= −𝜅eff,𝑝

𝜕𝜙2,𝑝

𝜕𝑥
|

|

|𝑥=(𝐿𝑠+𝐿𝑝 )
, −𝜅eff,𝑝

𝜕𝜙2,𝑝

𝜕𝑥
|

|

|𝑥=𝐿𝑠
= −𝜅eff,𝑠

𝜕𝜙2,𝑠

𝜕𝑥
|

|

|𝑥=(𝐿𝑠+𝐿𝑝 )
o
p
p
r
o
c
p
m

3
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as a bar chart, we have found it useful to consider the square root
of the sensitivities 𝑠∗,𝑑 (𝑔) (the root mean squared derivative) to not
underestimate the importance of input parameters with relatively low
sensitivity and to be able to distinguish between small sensitivities and
sensitivities that are practically zero.

3. Results and discussion

3.1. P2D-SEI model predictions

During the discharge of the Li ion half-cell, a negative constant
current is applied to oxidise Li ions at the Li metal and intercalate into
the graphite. This results in a gradual decrease in the potential of the
cell until when almost all the available intercalating sites have been
occupied (at a state of charge of 1). At this point the cell reaches the
minimum cut off potential of 0 V and then a positive constant current
is applied to de-intercalate the Li ions from the graphite and reduced at
the Li metal. The de-intercalation or reduction process proceeds until a
cut-off potential of 1.5 V. At this potential, all the Li ions are assumed to
be deintercalated and reduced resulting in an equal intercalation and
de-intercalation time. However, the intercalation time is longer than
that of the de-intercalation indicating that not all the intercalated Li
ions were extracted. The trapped Li ions are consumed to form the SEI
according to Eq. (1) and the rate of consumption is described by Eq. (8).
The voltage profile and the applied constant current describing the (de-
)intercalation mechanism corresponds to the following redox reaction:

C6 + 𝑥Li+ + 𝑥𝑒−
intercalation

←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←⇀↽←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←←
de-intercalation

Li𝑥C6 . (16)

Fig. 3a shows the simulated voltage profiles during the (de-)
ntercalation. The simulation was performed with the parameters pre-
ented in Table 2. The formation of the SEI product results in an
ncrease in the thickness of the SEI layer on the graphite as presented
n Fig. 3b. As recently discussed [6], the SEI is complex and modelling
t requires the consideration of the effect of the various compositions
n the electrochemical performance of LIBs. However to reduce the
omplexity and facilitate fast model predictions, the primary product
f the SEI layer was assumed to be Li2CO3 [24] and only grows
uring the intercalation process, thus its thickness was constant during
he de-intercalation process. Owing to the formation of the SEI, the
harge capacity (capacity obtained during the intercalation process)
as higher than that of the discharge capacity (capacity obtained
uring the de-intercalation process). The difference between the charge
nd discharge capacity is the ICL and is mainly attributed to the
ormation of the SEI layer. The SEI thickness and ICL obtained from the
imulation are comparable what has been obtained experimentally [28,
9].

There are several factors which affect the formation of the SEI at
he surface of the graphite electrode during charging owing to the
ompetition between the numerous reduction processes. The rates of
he electrochemical reaction for the (de-)lithiation process and the
EI formation is greatly influenced by both the intrinsic properties
4

f the reactants such as the exchange current densities, reductive
otential and reduction activation energy, and the operating condition
arameters such as the temperature, concentration of electrolyte and
eduction current rate [30]. To understand the degree of the impact
f these design parameters on the electrochemical performance of the
ell and the SEI formation, we conducted a detailed SA of all the input
arameters on the SEI thickness and ICL using a surrogate GP regression
odel.

.2. High throughput simulation

The SA method proposed in Section 2.3 was applied in a detailed
nalysis of the P2D-SEI model introduced in Section 2.1. An overview
f the method is presented in Fig. 1. We considered a total of 15
nput parameters (see Table 2) that were hypothesised to contribute
ignificantly to the output parameters of interest: (i) SEI thickness
(m) representing the thickness of the SEI layer, and (ii) Irreversible
charge loss (%) representing the ICL due to SEI formation. The input
parameters can be categorised into parameters based on the P2D model
for the positive electrode; applied current density, particle radius,
porosity, diffusion coefficient of Li ion in the electrolyte, exchange
current density, minimum cut-off potential, initial concentration of Li
ions in the electrolyte, transference number, maximum concentration
of Li and electronic conductivity, that of the negative electrode; the
exchange current density, and those of the SEI-based model; SEI film
conductivity, equilibrium potential for the SEI and the exchange cur-
rent density of the SEI. Based of the data obtained from literature,
reasonable boundaries of each input parameter were identified as well
as a nominal input value (see Table 2). The equilibrium potential for
the negative electrode was not considered because it is expressed as a
function of the state of charge (SOC).

A dataset of input–output pairs was generated by sampling 30,000
sets of input parameters uniformly at random within the input ranges
defined in Table 2. The corresponding output values were computed by
querying the P2D-SEI model resulting in a labelled dataset of 23,074
examples, since not all input configurations converged due to the non-
physicality of some of the generated input parameters. The labelled
dataset was then split into a training dataset of 𝑁train = 20,000 exam-
ples and a validation dataset of the remaining 𝑁valid = 3074 examples
reserved for model evaluation. Since both of the target outputs consist
of non-negative values by definition, we transform them by the base 10
logarithm (log) to put them on an unbounded scale and thus simplify
the modelling and avoid non-physical, negative predictions. To enable
direct comparison of the results for each input parameter and to further
simplify modelling, all inputs were normalised to values between zero
and one using the minimum and maximum values given in Table 2
and the outputs were normalised to zero mean and unit variance using
statistics derived from the training data before training the surrogate

model.
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Fig. 3. (a) Simulated voltage profile for interaction and de-intercalation process of Li ion half cell with graphite positive electrode and Li metal negative electrode, and (b) related
SEI layer thickness.
Table 2
List of P2D-SEI model input parameters and their minimum, maximum and nominal values considered in the sensitivity analysis. The values are determined from previous related
works.
𝑑 Parameter Description Minimum Maximum Nominal Unit References

1 i_app Applied current 0.13 6.5 1.3 A [31]
2 rp_pos Particle radius 1 × 10−6 1.1 × 10−5 5.5 × 10−6 μm [12]
3 Eeq_side Equilibrium potential (SEI) 0 0.4 0.4 V [32–35]
4 kappa_film SEI film conductivity 1 × 10−6 2.4 × 10−4 2.4 × 10−4 S/m [32–35]
5 epsl_pos Porosity of positive electrode 0.23 0.4 0.3 – [12]
6 Dl_elect Electrolyte diffusion coefficient 1.5 × 10−10 7.5 × 10−10 3.75 × 10−10 m2/s [12]
7 Ds_pos Diffusion coefficient of Li in positive electrode 1 × 10−14 1 × 10−13 3.6 × 10−14 m2/s [12]
8 i0ref_pos Exchange current density of positive electrode 0.36 3.6 0.96 A/m2 [12]
9 E_min Minimum cut-off voltage 0.0 0.1 0.05 V [36]
10 i0_SEI SEI exchange current density 8 × 10−8 1.5 × 10−6 4.5 × 10−7 A/m2 [33,35,37]
11 csmax_pos Maximum Li concentration 2.9 × 104 3.3 × 104 3.15 × 104 mol/m3 [12]
12 cl_0 Initial electrolyte concentration 1000 1200 1150 mol/m3 [38]
13 t_plus Transference number 0.25 0.43 0.363 – [39]
14 i0ref_metal Li metal exchange current density 50 100 100 A/m2

15 sigma_pos Electronic conductivity 50 100 100 S/m [12]
3.3. Data exploration

Fig. 4 shows a scatter plot of the two outputs of interest: the
SEI thickness and the ICL. It is apparent that an increase in the SEI
thickness entails an increase in the ICL, which fits our hypothesis that
the consumption of Li ions to form the SEI leads to ICL. Interestingly, it
can be observed from Fig. 4 that there are also some high values of ICL
at low values of SEI thickness, indicating that other input parameters
not related to SEI formation can also cause an increase in the ICL. This
is because a reduction in some of the input parameters, such as the
porosity of the electrode, the radius of the active material, diffusivity
of Li ions and maximum concentration of Li ions, also leads to capacity
fade due to other mechanisms such as loss of active materials in
the electrode and loss of active Li ions [40–42]. Such capacity fade
degradation mechanisms, even though not considered in the P2D-SEI
model, can still be observed during the data exploration because of
the variation in the input parameters of the P2D model which are
considered as descriptors for these mechanisms. However, the main
focus of this work is to analyse the impact of these parameters on the
SEI thickness and the corresponding ICL. A full scatter matrix of all the
input and output samples is included in the supplementary material.

3.4. Evaluation of surrogate model

As the surrogate model we applied a sparse GP regression model
from the Pyro probabilistic programming library [43] for Python
(Python 3.9.6, PyTorch 1.9.0, Pyro 1.8.0). As a simpler baseline model
we additionally applied a Bayesian linear regression model with Gaus-
5

sian priors, likewise implemented using Pyro. Both models were trained
with stochastic variational inference (SVI) using the ADAM optimiser
with a learning rate of 0.01.

To ensure the validity of the SA, we evaluated the predictive per-
formance of the surrogate GP regression model on the two targets
of interest and compared it to a Bayesian linear regression model
baseline. Both models were evaluated by fitting the models with the
training dataset and computing the coefficient of determination 𝑅2 on
the validation dataset, which measures the proportion of variation in
the output explained by the model as a score between 0 and 1 where
1 indicates a perfect fit.

The Bayesian linear regression baseline achieved a good fit on
the log SEI thickness with an 𝑅2 = 0.96 indicating a strong linear
relationship between the input parameters and this output. However,
the Bayesian linear regression model achieved a considerably lower
𝑅2 = 0.70 on the log ICL, indicating a poor fit of the data and
consequently the Bayesian linear regression model is not an appropriate
surrogate model for this task. The GP regression model achieved 𝑅2 =
0.99 on the log SEI thickness and an 𝑅2 = 0.98 on the log ICL,
indicating a good fit of the data in both cases. The distribution of the
GP regression model predictions on the validation dataset is presented
in Fig. 5 and a corresponding figure showing the Bayesian linear
regression predictions are included in the supplementary material. The
high predictive performance of the GP regression model indicates that
it is able to capture the dynamics of the original system, which enables
us to consider it as an accurate surrogate model in place of the original
P2D-SEI model in the SA presented in the next sections.

3.5. Global sensitivity analysis

To quantify and compare the sensitivity of each input parameter

overall, the global sensitivities with respect to log SEI thickness and
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Fig. 4. Relationship between the two P2D-SEI model outputs of interest, the SEI thickness and the ICL, computed with different randomly sampled sets of input parameters,
presented on (a) the original scale, and (b) log scale. An increase in the SEI thickness correlate with an increase in the ICL, however, there are also high values of ICL at low
values of SEI thickness.
Fig. 5. Scatter plots of (a) observed and predicted log SEI thickness, and (b) log ICL on the validation dataset using the GP regression surrogate model. In both cases the observed
and predicted values are highly correlated, with 𝑅2 = 0.99 and 𝑅2 = 0.98, respectively.
log ICL were computed using Eq. (15) and the surrogate GP regression
model on the validation dataset (Fig. 6). Based on these results, the
applied current density, the equilibrium potential, the minimum cut-
off potential and the exchange current density were identified as the
most sensitive input parameters to the SEI thickness. The remaining
11 parameters showed little or negligible sensitivity to the log SEI
thickness. Out of these four parameters, two are directly related to the
rate of the formation of the SEI (SEI model-based input parameters);
the equilibrium potential and the exchange current density of SEI.
Based on the Tafel equation, Eq. (8), used to describe the rate of
the SEI formation, a variation in the exchange current density and
the equilibrium potential of the SEI causes a linear and exponential
variation in the SEI thickness respectively and hence the different
degree of sensitivity. The increase in the SEI thickness due to changes in
6

the exchange current density can be related to overcharge of graphite
electrodes for cells with excess cyclable Li-ions owing to either higher
than desired initial mass ratio or lower than expected Li-ions loss during
the formation period [44]. While the other two are related to the
operating conditions of the cell: the applied current density and the
minimum cut-off potential. An increase in the applied current density
exponentially accelerate the increase in the thickness of the SEI owing
to an increase in the rate of SEI formation while the minimum cut-off
potential dictates the amount of Li-ions inserted into the graphite at
a given current density and thus the quantity of Li-ions consumed to
form the SEI.

The global SA conducted on the log ICL identified six input parame-
ters with high average sensitivity and three additional input parameters
showing significant effects. The six parameters were the applied current
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Fig. 6. Normalised global sensitivities computed on the validation dataset for (a) the log SEI thickness, and (b) the log ICL. The analysis identified sensitive and insensitive input
parameters in both instances.
density, the particle radius of the graphite particles, the equilibrium
potential for the SEI growth, the diffusion coefficient for Li-ions in the
solid phase, the exchange current density for the (de-)intercalation of
Li-ions in the graphite and the minimum cut-off potential. Interestingly,
four of the most sensitive input parameters for the SEI thickness was a
subset of those for the ICL. This corresponds well with the observation
from Fig. 4 that there is a strong correlation between the changes
in the SEI thickness and the ICL. Sensitive input parameters such as
the radius of the graphite particles, the porosity of the electrode and
exchange current density for Li-ions (de-)intercalation into the graphite
are related to the Brunauer–Emmett–Teller (BET) specific surface area
of the positive electrode, the solvated Li-ions intercalation, and the
nature of the surface sites for electrolyte decomposition. Based on
previous experimental reports, the BET specific surface area and the
solvated Li-ions intercalation contributes strongly to the ICL [45]. The
nature of the surface of the graphite also plays a significant role in the
extent of the ICL [46].

3.6. Exploration of local sensitivities

Fig. 7 shows local SA of the two most sensitive input parameters
identified in the global SA of log SEI thickness in the previous section.
The local sensitivity analyses were performed using Eq. (14) with
the surrogate GP regression model on the input parameters sampled
along their entire range of variation while keeping all other inputs
fixed at their nominal values (see Table 2). Additionally, the P2D-SEI
model was also evaluated along the range of variation of the input
parameters post-hoc and numerical differentiation (central method)
was used to estimate the local sensitivities. As can be observed in
Fig. 7, the predictions of the surrogate GP regression model and the
P2D-SEI model are well aligned and the majority of the P2D-SEI model
prediction are within the uncertainty of the surrogate GP regression
model predictions. The predictions of the P2D-SEI model appear a little
noisy, resulting in noisy estimates of the derivatives, while the GP
regression model provides a smooth differentiable function.

The applied current density exhibits a nonlinear relationship with
the growth of the SEI and this is highly sensitive at low current
densities. In principle, at low current densities, large amount of Li ions
are consumed to form the SEI due to the amount of time required to
reach a given cut-off potential and the slow kinetics at the surface of
the electrode. However, at high current densities, the kinetic reaction
is very fast and the time required to reach the cut-off potential is less,
thus the growth of the SEI, even-though it is at a fast rate does not
change significantly as observed in Fig. 7(a). As expected based on
Eq. (1), the equilibrium potential for the SEI formation showed a strong
7

linear relationship with the growth of the SEI with a constant sensitivity
along its range of input parameters. However, the sensitivity of the
equilibrium potential for SEI formation was constant at lower values of
the range of input parameters and increased at values between 0.25 and
0.45. This indicates that, even-though there is a linear increase in the
SEI at equilibrium potential for the SEI values below 0.25, the amount
of SEI formed is not sensitive to the ICL, hence the other degradation
mechanisms such as loss of active materials due to the variation in the
volume fraction of the active material is the most sensitive mechanism.
Local SA plots for all input parameters on both targets of interest are
included in the supplementary material.

Fig. 8 shows the interaction of the sensitive inputs along their entire
range of variation while keeping all other inputs fixed at their nominal
values. The sensitivity of the amount of Li ions inserted into the
graphite during charging at a wide range of applied current density on
the performance of the half-cell was studied by conducting simulation
at different end of charge voltage (Fig. 8(a)). In principle the charge
and discharge capacity of the cell is expected to decrease with an
increase in the end of charge voltage because the capacity of the cell
is directly proportional to the amount of available Li ions inserted into
the graphite. However, the proportionality also depends on the amount
of Li ions consumed to form the SEI layer. As presented in Fig. 8 and
Figure S24a, increasing the end of charge voltage resulted in a decrease
in both the SEI layer thickness and the ICL, respectively, at low current
densities. This indicates that, by decreasing the end off charge voltage,
the SOC of the cell increases. This leads to an increase in the amount
of Li ions used in the formation of the SEI resulting in an increase in
the ICL. However, the SOC of the cell is directly proportional to the
discharge capacity, hence in order to simultaneously reduce the internal
resistance of the cell due to the increase in the thickness of the SEI layer
and achieve a maximum discharge capacity, the end of charge voltage
needs to be optimised. Fig. 8(b) presents the ICL as a function of the
graphite particle size at various current densities and the corresponding
SA. The particle size is inversely proportional to the BET surface area
and from previous studies [45,46], an increase in the BET surface area
results in an increase in the ICL due to high electrolyte decomposition
and excessive Li-ions loss to the formation of the SEI at low current
densities. This is inline with the results presented in Fig. 8(b) and Figure
S19 where an increase in the particles size resulted in a decrease in the
ICL and a linear decrease in the SEI thickness respectively. However,
this trend changed as the current density increased, high ICL was
observed at high current densities for both the EOCV and the particle
size and similar for all the other variable input parameters even though
the SEI thickness decreased as expected. This can be attributed to the
fact that at high current densities, the main factor causing capacity loss
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Fig. 7. Local SA of (a) the applied current, and (b) the equilibrium potential of the SEI input parameters along their entire range of variation, while keeping all other inputs fixed
at their nominal values, for the log SEI thickness and log ICL outputs, respectively. The solid lines represent predictions made with the Gaussian process surrogate model with
the shaded area showing two standard deviations of uncertainty. The dashed lines with crosses represent predictions made with the P2D model. The left plots show the predicted
outputs while the right plots show the corresponding local sensitivities. Sensitivities of the GP surrogate model are computed with the derivative method (Eq. (14)) while the
sensitivities of the P2D model are estimated with numerical differentiation (central method).
is the overpotential due to the ohmic resistance. In addition to the effect
of the changes of EOCV on the ICL and SEI thickness, we also observed
an interesting phenomena when other input parameters such as the
exchange current density for the (de-)lithiation and SEI formation, and
the diffusion coefficient of Li-ions in the graphite. The figures of these
fascinating observations are presented in the supplementary material.

3.7. Discussion

In the analysis of local sensitivities in Section 3.6, we presented
sensitivity plots of the most sensitive input parameters along their
entire range of input values while keeping all other inputs at their
nominal values, including sensitivity plots of single input parameters
in one dimension (Fig. 7) and interactions of pairs of inputs in two
dimensions (Fig. 8). However, the predictions and sensitivities also
depend on the values of the remaining inputs because of interactions.
For high dimensional inputs it is not feasible to visualise every possible
combination of input values, so we have to select only a few interesting
input combinations based on domain knowledge or selection criteria
defining a specific objective. A major advantage of performing SA with
a fast surrogate model is that these plots can be generated fast enough
to enable interactive, exploratory SA, where the user can adjust input
parameters and immediately see the predicted results visualised. We
have created such an interactive application for the global and local
SA presented in this work, and made it available online [23]. Screen-
shots of the interactive application are included in the supplementary
material.
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Using a surrogate model with uncertainty estimates, such as the GP
regression model, provides an opportunity to apply an active learning
strategy to generate an informative and diverse training dataset in a
sample efficient manner [47]. This is relevant in applications where
labelling the samples is expensive or time consuming. We experimented
with active learning in our analysis by starting with a small initial
training dataset and extending the dataset in an iterative manner by
adding batches of diverse examples with high predicted uncertainty.
However, we did not observe a significant improvement over random
sampling and therefore we left this out of the analysis in the interest of
simplicity. We believe this was because in our setup we were able to
sample the input space uniformly at random which is already a good
strategy for ensuring sample independence and diversity. However,
applying active learning might be beneficial in applications where
random sampling of the input space is not possible or were generating
a large number of samples is not feasible.

In general, the results of a SA with a surrogate model can depend
strongly on the range of the input values used to sample the training
dataset. Some inputs might have very large effects on the output at
extreme values and thus will be assigned high sensitivity locally and
on average. If these extreme input values are not considered relevant to
the application, they should be removed from the analysis by adjusting
the input range accordingly to avoid drawing wrong or misleading
conclusions. This kind of large edge effects can be identified through
local SA. On the other hand, selecting too narrow input ranges might
fail to capture some important effects and lead to wrong or misleading
conclusions as well. Note that performing SA on a narrower range of
input values can be achieved simply by applying the surrogate model
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Fig. 8. Local SA for the ICL of relevant sensitive input parameters, (a) applied current and minimum cut-off voltage and (b) applied current and graphite particle radius, along
their entire range of variation while keeping all other inputs fixed at their nominal values. The left plots show the predicted log ICL and the right plots shows the corresponding
local sensitivity as a function of the inputs.
on a subset of the data, whereas extending the range of input values
requires sampling of new data to retrain the surrogate model.

Access to local and global sensitivities of the P2D-SEI model opens
up multiple new opportunities in battery research. Knowledge of pa-
rameter sensitives allow building of reduced order models based on
only the relevant inputs leading to possible light weight battery digital
twins. Local sensitives of P2D-SEI model help identify design and
operational parameters for long lasting batteries. Most importantly our
methodology provides the crucial first step towards building reliable
multi-scale battery simulation models with controlled errors propa-
gation from parameter passing between scales. As we obtain clear
understanding of correlation between noise in input parameter and
errors in output, highly accurate multi-scale simulation frameworks
can be built by obtaining important inputs from meticulously done
experiments or high quality lower level simulations.

4. Conclusion

In this work, we have presented a continuum scale model that
couples the P2D model and a degradation model based on the formation
9

of the SEI (the P2D-SEI model) and demonstrated a detailed global
and local SA based on a surrogate GP regression. The analysis centred
around two outputs of interest, namely the SEI thickness and the related
ICL. The SA identified the globally most sensitive input parameters
and provide additional insights about local sensitivities and interactions
among these input parameters. The results can be used to identify
input parameters that need high-fidelity estimates for the overall model
to be accurate. Further exploration of the local sensitivities of the
most sensitive input parameters across their entire range of variation
revealed linear and nonlinear relationships between the relevant inputs
and the outputs, respectively, as well as interactions between the input
parameters at different input values. This provided detailed insights
into the dynamics of the P2D-SEI model. Based on the SA analysis, it
was revealed that, the ICL increases monotonously with an increase
in the SEI thickness at low current rates but not at higher current
rate. In addition other degradation phenomenon such loss of active
materials was discovered during the SA analysis owing the variation
in the descriptor parameters in the P2D model. The SA method applied
in this paper provides a general and scalable approach to global and
local SA that we believe can be applied to a wide range of applications

within the battery research community.
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